THEOREM. Let Xy v be a stable summand of (BHy)%} corresponding to the simple
Fy Out(H)-module V', where H is a 2-group. The matrix

rankzp HOI’Il(XH’V, XK,W)
is the Cartan matrix shown, where X = all and Y = 1.

THEOREM. Over any field R, for any class of groups X closed under extensions and
sections, the Cartan matrix C’g’x of globally defined Mackey functors Mackg’x is symmetric
and non-singular.

THEOREM. Let (K,O,k) be a p-modular system. Then the Cartan matrices and decom-
position matrices satisfy C, = DTCkD.



The table of values S v (G) of simple functors in Mack(lc’l. Because the characteristic is

zero we have Sy v = Apy. These are also the values of the simple functors in Mackféu’l.
Formal characters | Sp v
X = all or 1, y =1 1 CQ C4 CQ X CQ Cg Qg Dg
characteristic 0 1] 1 1 -1(1-12}1 —-13 —15 -1 | 1 —-12| 1 -1
K,W 1 11
(s 141 1
Cy 101 1 1
—1 1
CQ X CQ 111 1 1
—1 1
2 1 1
Ce 1)1 11 1
—13 1
—15 1
1
Qs 1111 1
—1 1
2 1 1
Dg 10111 2 1 1 1 1
-1 1 1 1 1
Table of values of simple functors in MackllF’zl.
Formal characters SHv
le,yzl 1 CQ C4 CQXCQ Cg Qg Dg
characteristic 2 1 1 1 1 2 1 1 2 1
KW 1 1 1
Cy 1 1
C, 1 1
02 X CQ 1 1
2 1
Cs 1 1
Qs 1 1
2 1
Dg 1 2 1




The Cartan matrix for Mack(lc’1 in characteristic 0 is the identity matrix
Decomposition matrix for Mack(lc’l from characteristic 0 to characteristic 2:

Decomposition matrix SHv
X = 1, y =1 1 CQ C4 CQ X CQ Cg Qg Dg
characteristic 2 1 1 1 1 2 1 1 1
Sk.w 1 1 1 1 1 1 1 1 1
Cy 1 1 1 1 1 1 1 1
Cy 1 1 1 1 1
-1 1 1
CQ X CQ 1 1 2
-1 1
2 1
Cy 1 1
—13 1
—15 1
—15 1
Qs 1 1
-1 1
2
Dg 1 1
-1 1
Cartan matrix Cr, = DT D for Mackllp’zl in characteristic 2:
Cartan matrix P v
X = 1, y =1 1 C2 04 CQ X CQ Cg Qg Dg
characteristic 2 1 1 1 1 2 1 1 2 1
Sk.w 1 1 1 1 1 1 0 1 1 0 1
Cy 1 1 2 2 2 1 2 2 0 2
Cy 1 1 2 4 2 1 4 3 1 3
Coyx(Cy 1 1 2 2 4 1 2 2 0 4
2 0 1 1 1 2 1 1 0 1
Cs 1 1 2 4 2 1 8 3 1 3
Qs 1 1 2 3 2 1 3 5 1 3
2 0 0 1 0 0 1 1 2 1
Dg 1 1 2 3 4 1 3 3 1 9




Cartan matrix C¢ for Mack(acm’1 in characteristic O:

Cartan matrix Pr v
X = all, y =1 1 02 04 Cz X CQ Cg Qg Dg
characteristic 0 1|1 1l 1|1 -12|1 —-13 -1 -1 1 —-12 | 1 -1
Skw 1 11
Cy 101] 1
Cy 101] 1 1
—1 1
CQ X 02 1 1 1 1
—1 1
2 1 1
Cs 11 1 1 1
—13 1
—15 1
—17 1
Qs 101] 1 1 1
—1 1 1
2 1 1 1
Dg 111 2 1 1 1
—1 1 1 1
Cartan matrix Cp, = DT CcD for Mackl‘?lzl’1 in characteristic 2:
Cartan matrix Prr v
X = all, y =1 1 C2 04 CQ X CQ Cg Qg Dg
characteristic 2 1 1 1 1 2 1 1 2 1
Sk.w 1 1 1 0 0 0 O 0 0 O 0
Cy 1 1 1 1 1 0 1 1 0 1
Cy, 1 2 2 4 2 0 4 3 1 3
Coyx(Cy 1 2 2 2 4 0 2 2 0 4
2 0 1 1 1 1 1 1 0 1
Cs 1 3 3 6 3 0 10 5 2 5
Qs 1 3 3 4 5 0 4 6 1 6
2 1 2 3 2 1 3 3 2 3
Dg 1 5 7 8 10 2 8 8§ 1 16




Decomposition matrix for Mack®"! from characteristic 0 to characteristic 2:
p C

Decomposition matrix SHV
X = all, y =1 1 02 04 Cz X CQ Cg Qg
characteristic 2 1 1 1 1 2 1 1
Skw 1 1 1
(s 1 1 1 1 1 1
Cy 1 1 1 1
—1 1 1
02 X CQ 1 1
-1 1
2 1
(@ 1 1
—15 1
—17 1
Qs 1 1
-1 1
2
Dg 1
—1




Table of values of simple functors in Mack%l;’l:

Formal characters SHV
X = all, )} =1 1 02 04 CQ X 02 08 Qg Dg
characteristic 2 1 1 1 1 2 1 1 1
KW 1 1 1
Cy 1 1 1
Cy 1 1 1
02 X CQ 1 1 1
2 1 1
Cs 1 1 1
Qs 1 1 1
2
Dg 1 1 2 2 1




